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ABSTRACT

Despite the empirical success of extensive, step-by-step reasoning in large mul-
timodal models, long reasoning processes inevitably incur substantial computa-
tional overhead, i.e., in terms of higher token costs and increased response time,
which undermines inference efficiency. In contrast, humans often employ sketch-
style reasoning: a concise, goal-directed cognitive process that prioritizes salient
information and enables efficient problem-solving. Inspired by this cognitive ef-
ficiency, we propose SketchThinker-R1, which incentivizes sketch-style reason-
ing ability in large multimodal models. Our method consists of three primary
stages. In the Sketch-Mode Cold Start stage, we convert standard long reasoning
process into sketch-style reasoning and finetune base multimodal model, instill-
ing initial sketch-style reasoning capability. Next, we train SketchJudge Reward
Model, which explicitly evaluates thinking process of model and assigns higher
scores to sketch-style reasoning. Finally, we conduct Sketch-Thinking Reinforce-
ment Learning under supervision of SketchJudge to further generalize sketch-
style reasoning ability. Experimental evaluation on four benchmarks reveals that
our SketchThinker-R1 achieves over 64% reduction in reasoning token cost with-
out compromising final answer accuracy. Qualitative analysis further shows that
sketch-style reasoning focuses more on key cues during problem solving.

1 INTRODUCTION

Since the introduction of Large Reasoning Language Models (LRLMs), such as OpenAl ol (Jaech
et al., 2024) and DeepSeek-R1 (Guo et al., [2025)), the deliberate, slow thinking ability has been
extensively explored in language models (Zhang et al., |2025} | Xu et al., [2025a; Wang et al.,|2025d).
Inspired by this rapid progress, similar reasoning abilities are being investigated in large multimodal
models (Zhou et al.l [2025a} |Li et al., 2025bj; Wang et al.| [2025b). These models, through lengthy
reasoning procedures, have demonstrated clear improvements across various visual recognition and
reasoning tasks (Huang et al., 2025} |Yang et al., 2025; Shen et al.| 2025a).

However, such extensive reasoning often incurs high token costs (Han et al.,2024) and longer re-
sponse times (Sui et al.,[2025). This inefficiency limits their applicability in real-time scenarios and
negatively affects user experience in interactive settings. Moreover, overthinking can harm correct-
ness: redundant steps can introduce misleading information, which could compromise the reasoning
efficacy (Chen et al.l 2024b) and small errors can accumulate over long chains of reasoning and
finally lead to wrong answer (Cuadron et al., 2025). In addition, lengthy reasoning traces are often
difficult for humans to interpret, obscuring the core logic behind predictions.

In contrast, sketching, a natural human behavior, offers both efficiency and effectiveness in problem-
solving (Cross} |2006). By quickly writing down the essential steps and logic, humans reach accurate
solutions. Notably, sketch-style reasoning focuses only on the critical steps, keeping the process
concise while still leading to correct answers. Inspired by this cognitive behavior, we investigate
whether similar reasoning pattern can be developed in large multimodal model to improve its rea-
soning efficiency without sacrificing accuracy.

In this paper, we propose SketchThinker-R1, a reinforcement learning framework which incentivizes
sketch-style reasoning in large multimodal models to facilitate reasoning efficiency. Our approach
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Figure 1: Our SketchThinker-R1 significantly reduces the thinking cost without compromising fi-
nal answer accuracy. Vanilla-R1 serves as the baseline, representing the standard R1-style trained
model. Evaluation across four benchmarks from diverse domains shows that our model achieves
comparable or even superior performance (see (a)). At the same time, it reduces thinking token cost
by more than 64% (see (b)). During RL training, sketch-style reasoning consistently yields higher
accuracy rewards (see (c)) while maintaining a much shorter reponse length (see (d)).

encourages models to generate reasoning traces that preserve only the key logical flow required to
solve a problem, thereby reducing thinking cost while maintaining accuracy (see Fig.[T). The frame-
work consists of three stages: (1) Sketch-Mode Cold Start. We construct sketch-style reasoning
data and perform supervised fine-tuning on base multimodal models to instill initial sketch reason-
ing ability. Specifically, we leverage existing multimodal reasoning datasets that contain detailed,
long-form reasoning. Utilizing strong proprietary LLM, we convert thinking style of these longform
reasoning into concise sketch-style, preserving essential logic and removing redundant details. (2)
SketchJudge Reward Model. In this stage, we utilize the two-mode thinking data (sketch-style
and normal reasoning) from cold start stage to further train an LLM to become SketchJudge re-
ward model. This SketchJudge reward model explicitly evaluates reasoning traces, assigning higher
scores to concise, sketch-style reasoning while penalizing unnecessarily verbose explanations. It
provides a reliable supervisory signal for the following reinforcement learning process. (3) Sketch-
Thinking Reinforcement Learning. Finally, we perform reinforcement learning on the cold-started
model under the guidance of SketchJudge to further generalize the sketch-thinking ability. Our re-
ward design explicitly incorporates evaluation from SketchJudge, encouraging models to produce
sketch-style, concise reasoning traces. The reinforcement learning is conducted on datasets across
diverse domains to ensure the generality and robustness of the learned sketch-thinking capability.
We evaluate SketchThinker-RI across four benchmarks spanning different domains. Our model
achieves over 64% reduction in thinking token cost, while maintaining and even improving final
answer accuracy. Qualitative analysis further reveals that sketch-style reasoning focuses on the key
logical steps necessary for problem-solving, offering both efficiency and interpretability. Our main
contributions are summarized as follows:

* Sketch-based Reasoning Framework. We introduce SketchThinker-RI, a novel reinforcement
learning framework that fine-tunes Large Multimodal Models (LMMs) to produce concise, sketch-
like reasoning chains. By directly rewarding brevity and correctness, our method guides the model
to distill complex reasoning into its most essential steps.

* State-of-the-Art Reasoning Efficiency. Extensive experiments on four multimodal reasoning
benchmarks validate that SketchThinker-RI reduces the token cost of the reasoning process by
over 64% with no degradation in final answer accuracy, setting a new benchmark for efficient
multimodal reasoning.
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Figure 2: Overview of our SketchThinker-R1 pipeline. (1) In the Sketch-Mode Cold Start stage,
we convert long reasoning processes from existing multimodal reasoning datasets into sketch-style,
and fine-tune the base multimodal model to instill initial sketch-style reasoning ability. (2) Next,
we train a SketchJudge Reward Model, which favors sketch-style reasoning and penalizes overly
verbose reasoning. (3) Finally, we perform Sketch-Thinking Reinforcement Learning on the cold-
started multimodal model under the supervision of the trained SketchJudge reward model, further
enhancing the sketch-thinking ability.

2 METHOD

2.1 SKETCH-MODE COLD START

The first stage of our SketchThinker-R1 framework is the sketch-mode cold start. This stage aims
to instill initial sketch-style thinking ability into base multimodal model, laying a solid foundation
for the subsequent reinforcement learning generalization process. Specifically, our data source is
based on two multimodal reasoning datasets, e.g., LLaVA-CoT-100K (Xu et al., |2024) and Vision-
R1-cold (Huang et al.| [2025)). These datasets already contain images I, questions (), long chain-of-
thought reasoning 77,4, and answers A. Based on such multimodal reasoning data, we convert the
long, detailed reasoning process 17,4 into a sketch-style reasoning process Tsiercn. We leverage
strong LLM to conduct this transformation. (1) The first aspect is minimizing the content while
keeping the key logical flow. Irrelevant details and verbose explanations are removed, along with
specific examples. (2) The second aspect is converting the reasoning into a numbered list format,
with key steps separated and clearly listed. The full prompt for the sketch-style reasoning data
generation is provided in Appendix [A] The supervised fine-tuning process minimizes the following
objective across all training samples:

T;
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1
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where N is the number of training samples, o; ; denotes the ¢-th token of the output sequence for the
i-th sample, Tj is the total length of the output sequence of the i-th training sample, 0; «; represents
the tokens preceding the ¢-th token of the ¢-th training sample, g; is the input query for the -th
training sample, and 7y is the model policy parameterized by 6.

Discussions. Why not directly apply reinforcement learning to incentivize sketch-style think-
ing? We find that letting base multimodal model directly explore sketch-style reasoning leads to
quite slow learning process. As a result, the eventual reduction in reasoning cost is only marginal.
In contrast, performing sketch-mode cold start on the base model explicitly instills initial sketch-
style reasoning ability, enabling more effective learning and exploration during the reinforcement
learning process. The sketch-mode cold start stage substantially contributes to improvement of rea-
soning efficiency. What are the characteristics of sketch-style reasoning? Sketch-style reasoning
is substantially shorter than long-form reasoning. It preserves only the essential logical flow in an
abstract form. Consequently, cold-start training with sketch-style reasoning data can foster highly
efficient reasoning ability. At the same time, sketch-style reasoning retains all the key cues required
to solve the problem, thereby ensuring strong problem-solving capability.
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2.2 SKETCHJUDGE REWARD MODEL

The second stage of our framework involves building the SketchJudge reward model, which ex-
plicitly evaluates reasoning style of the model. It favors sketch-style reasoning and penalizes long,
detailed reasoning. This reward model is then used to supervise the subsequent reinforcement train-
ing process, guiding the model to generalize sketch-style thinking. In practice, we fine-tune an
open-source LLM for this purpose. Specifically, we leverage both normal reasoning data 17,4 and
sketch-style reasoning data Tsxetcr, from the cold-start stage to construct the fine-tuning dataset.
Normal reasoning is assigned a score of 0, while sketch-style reasoning is assigned a score of 1.
The template for building the SketchJudge fine-tuning data is as follows: “Give a score of 1 for
sketch-style thinking and a score of 0 for normal thinking. Normal thinking contains detailed anal-
ysis. Sketch-style thinking contains only the key logic flow. Only output the final score. Now, score
this thinking process: [THINKING]”. We utilize the same prompt for SketchJudge to evaluate the
thinking process during the subsequent reinforcement learning stage.

Discussions. Why conduct supervised fine-tuning on the LLM to build SketchJudge? Perform-
ing supervised fine-tuning on the base LLM for reasoning-style evaluation can improve evaluation
accuracy. Precise thinking-style reward signals make reinforcement learning more effective, leading
to both reduced reasoning length and improved final answer accuracy. In contrast, directly prompt-
ing an off-the-shelf LLM to evaluate reasoning style yields less reliable reward signals. Such noisy
rewards can ultimately compromise the effectiveness of the reinforcement learning process. Why
explicitly supervise the style of the reasoning? Our SketchJudge reward model only poses super-
vision on the style of the reasoning process, with no strict restriction on the thinking length. This
design can lead to more adaptive thinking behavior. Our SketchThinker-R1 can still generate rel-
atively long and extensive reasoning for challenging questions. Meanwhile, because the thinking
style is strictly controlled, the average thinking cost is still significantly reduced.

2.3 SKETCH-THINKING REINFORCEMENT LEARNING

The final stage of our SketchThinker-R1 framework is sketch-thinking reinforcement learning. This
process is guided by the trained SketchJudge reward model and aims to generalize the sketch-style
thinking ability established during the sketch-mode cold start stage. In practice, we adopt the off-
the-shelf Group Reward Proximal Optimization (GRPO) algorithm (Shao et al.,[2024). Specifically,
GRPO performs multiple rollout samplings and optimizes the policy to favor responses with higher
assigned rewards, the training objective of GRPO is as follows:

Jarro(0) = Eq p(Q) {0.}E, ~mo, (Ol0)

G
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where 7y is the current model policy, 7, is the old policy, G is the rollout group size, g is the
query, o; is the i-th sampled reponse, 7¢ is the reference model, € is the clipping hyper-parameter
controlling updating degree, and 3 is the coefficient of Kullback-Leibler (KL) penalty.

A — r; —mean({ry, 7, - ,rg}) @
Std({’/‘l, To, "+ ,Tg})
A; is the normalized advantages computed based on rewards {rq,r2, - ,rg}.
Our thinking style reward shaping is as follows:
R; =0.5x Raccuracy(oi) + 0.4 x Rformat(oi) +0.1 x Rthinking—style(oi)a 5)

where Riccuracy (0;) evaluate answer accuracy, Riomat(0;) check whether response match the required
response format, Rthinkmg_s[yle(oi) is the thinking-style reward score assigned by our SketchJudge.
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The reasoning process is parsed from the final response of the model and fed into the SketchJudge
to obtain this thinking-style reward:

1 if SketchJudge checks the thinking process as sketch-style,

Rthinking—style(oi) = . L (6)
0 if SketchJudge checks the thinking process as normal-style.

3 EXPERIMENT

Dataset. SketchColdStart-20K. We construct our cold start dataset based on LLaVA-CoT-
100K (Xu et al.| [2024) and Vision-R1-cold (Huang et al.l [2025), both of which are multimodal
reasoning datasets that already contain long reasoning processes. We randomly sample 10K ques-
tions from LLaVA-CoT-100K and another 10K questions from Vision-R1-cold, resulting in a total
of 20K questions. The long reasoning processes are extracted from the full model responses and
then converted into sketch-style reasoning utilizing GPT-5. The detailed conversion prompt is pro-
vided in the Appendix [A] SketchRL-1K. To construct the RL training set, we draw from four data
sources across different domains to enhance the generalization of sketch-style reasoning ability.
MMStar (Chen et al., 2024a) contains 1,500 multiple-choice questions for general visual under-
standing tasks. MathVista (Lu et al., [2023) focuses on mathematical visual reasoning, including
both multiple-choice and free-form questions, with 5,140 samples in total. LogicVista (Xiao et al.|
2024) includes 448 samples targeting various visual logic skills. SeePhys (Xiang et al., |2025) con-
tains 2,000 free-form samples of visual physics questions. From each source, we randomly sample
250 questions, forming a final RL training set of 1,000 samples.

Implementation Details. For RL training, we utilize Easy-R1 (Zheng et al., [2025). We employ
GRPO (Shao et al.| [2024) for training. The maximum prompt length is set to 2048 and maximum
response length is 2048. The KL coefficient is set to 0.01. We utilize AdamW as optimizer, with
learning rate of le-6 and weight decay of le-2. For rollout, we set sampling time to 5 and sampling
temperature to 1.0. Rollout batch size is set to 128. We train for 15 epochs, resulting in 105 training
steps. For supervised fine-tuning during Sketch-Mode Cold Start and SketchJudge reward model
training, we leverage LLaMA-Factory (Zheng et al.| 2024). We use 8 H200 for all our experiments.

Evaluation. We conduct evaluations on four multimodal benchmarks from various domains to en-
sure a comprehensive assessment of our SketchThinker-R1. MMMU (Yue et al.,[2024) is a compre-
hensive benchmark designed to evaluate the general reasoning ability of large multimodal models,
covering questions from a wide range of topics and includes 100, 900, and 10,500 questions in the
dev, validation, and test sets. MathVision (Wang et al., 2024) specifically benchmarks mathematical
visual question solving ability, containing both free-form and multiple-choice questions, with 3,040
questions in test set and testmini set of 304 questions. VisuLogic (Xu et al.||2025c) primarily focuses
on benchmarking logical reasoning ability, with particular emphasis on understanding visual infor-
mation, which contains 1,000 samples. PhyX (Shen et al.|[2025b)) is a recently proposed benchmark
aimed at evaluating capability of model in visual physics question understanding, which consists of
3,000 visually grounded physics questions.

Baselines. Vanilla-R1: We perform vanilla R1-style training (Guo et al.| [2025)) on the base mul-
timodal model with the same training data as SketchThinker-R1 to establish this baseline. Con-
strained CoT (Nayab et al., 2024): Directly prompt Vanilla-R1 to restrict the reasoning process
within a specified word count. Chain-of-Draft (Xu et al., |2025b): Prompt Vanilla-R1 to constrain
each reasoning step to a certain word count. C30T (Kang et al., [2025): Mix both short CoT and
long CoT data to finetune the base multimodal model. VeriThinker (Chen et al., 2025): Construct
short-CoT data using a small non-reasoning model, then finetune the base multimodal model on
this data for a verification task to build efficient reasoning ability. L1 (Aggarwal & Welleck, [2025):
Conduct reinforcement learning with a length-based reward to control the reasoning length, where
the response length is compared with a fixed golden length, and the L1 difference is used as the
length reward. ThinkPrune (Hou et al.| [2025): First truncate the model response to a fixed target
length, then calculate the accuracy reward based only on the truncated reponse.

Metrics. We adopt three metrics for evaluation. Acc. denotes answer accuracy. #Token represents
the average token count of model reasoning process. In addition, we define a new metric, Efficiency

of Thinking (EoT), to explicitly measure the efficiency of reasoning. EoT is calculated as N‘:‘%.
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Method MMMU MathVision VisuLogic PhyX
Acc.t #Token] EoT{|Acc.? #Token| EoT?|Acc.t #Token] EoTf|Acc.t #Token] EoT{
Direct Inference
Vanilla-R1 \ 61.0 1822 0.335\ 31.0 2211 0.140\ 27.6  240.0 0.115\ 46.7 2251 0.207
Prompt-based
Constrained CoT 586 782 0.749] 262 792 0331|264 715 0369| 424 734 0578
Chain-of-Draft 589 863 0.683] 274 854 0321|265 946 0.280| 422 852 0.495
Supervised-fine-tuning-based
C3o0T 59.3  127.1 0.467| 28.8 1255 0.229| 27.1 1346 0.201| 43.8 1175 0.373
VeriThinker 60.1 105.8 0.568| 29.1 1525 0.191| 27.5 107.4 0.256| 45.5 1327 0.343
Reinforcement-Learning-based
L1 59.5 136.8 0.435| 295 146.7 0.201| 27.2 1674 0.162| 45.1 1534 0.294
ThinkPrune 59.2 1049 0.564| 29.6 1363 0.217| 269 1832 0.147| 463 1637 0.283
SketchThinker-R1-7B| 62.8 64.3 0.977| 31.7 655 0.484| 278 563 0.494| 48.6 753 0.645

Table 1: Comparison with state-of-the-art efficient thinking methods. Quantitative results across
four benchmarks from different domains validate the thinking efficiency of our SketchThinker-R1-
7B. Compared with various baselines, including prompt-based, supervised fine-tuning, and rein-
forcement learning methods, our model achieves higher accuracy with fewer reasoning tokens. We
utilize Qwen2.5-VL-7B-Instruct as backbone for both our method and all baselines for fair compar-
ison. Vanilla-R1 refers to results of standard R1-style trained model.

Method MMMU MathVision VisuLogic PhyX
Acc.t #Token] EoT7|Acc.t #Token] EoT7 |Acc.t #Token] EoT?|Acc.t #Token] EoT{
Direct Inference
Vanilla-R1 | 548 1283 0427|269 1512 0.178] 25.6 139.5 0.184| 348 1732 0.201
Prompt-based
Constrained CoT 527 762 0.692| 22.1 634 0349|252  69.1 0.365| 31.5 63.6 0.495
Chain-of-Draft 538 721 0.746| 22.7 71.5 0.317] 25.1 742 0.338] 325 712 0456
Supervised-fine-tuning-based
C30T 54.1 107.5 0.503| 24.1 105.1 0.229| 25.1 1043 0.241| 33.1 93.2  0.355
VeriThinker 522 958 0.545|23.1 127.6 0.181]| 252 937 0269| 32.6 92.1 0.354
Reinforcement-Learning-based
L1 537  102.6 0.523| 247 107.0 0.231] 25.2 97.6 0.258| 32.2 834 0.386
ThinkPrune 532 952 0559|238 923 0.258| 254 733 0347|332 822 0404
SketchThinker-R1-3B| 559 54.5 1.026| 25.3 727 0.348| 25.8 369 0.699| 351 67.3 0.522

Table 2: Quantitative comparison between SketchThinker-R1-3B and other baselines. Our
3B model consistently outperforms various baselines in both answer accuracy and reasoning token
cost. This validates the robustness of our proposed framework in eliciting efficient reasoning across
models of different scales. All methods utilize Qwen2.5-VL-3B-Instruct as backbone.

3.1 MAIN RESULTS

We present quantitative comparison between SketchThinker-R1-7B and various efficient thinking
baselines (see Tab. [I). We observe that our SketchThinker-R1-7B surpasses various methods by
clear margin in both final answer accuracy and thinking token cost. This validates the effective-
ness of our proposed sketch-style thinking training pipeline, including sketch-mode cold start and
sketch-thinking reinforcement learning. For prompt-based efficient thinking methods, the thinking
process is forcibly constrained, leading to insufficient reasoning and significantly compromising fi-
nal answer accuracy. For SFT-based efficient thinking methods, the ability is primarily fit to the
training dataset, resulting in sub-optimal performance when generalizing to out-of-domain bench-
marks. In contrast, our SketchThinker-R1 training framework builds inherent sketch-thinking ability
into model, enabling it to solve questions with concise and effective reasoning. Our model achieves
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(a) (©)
Sketch-Mode Cold Start Sketch-Thinking RL‘ACC.T #Token| EoT{ Cold Start Data Source ‘Acc.T #Token| EoT?
v | 614 1145 0536 LLaVA-CoT-100K | 61.9  68.5 0.904
v ‘ 62.1 1522 0.408 Vision-R1-cold ‘ 61.2 712 0.860
v v ‘ 62.8 643 0977 LLaVA-CoT-100K & Vision-R1-cold 62.8 643 0977

(b) (d)
Model | Closed-Source | Acc.t #Token| EoTt SketchJudge Reward Model | SFT | Acc.t #Token| EoTt
GPT-5 ‘ v | 628 643 0977 Qwen2.5-7B-Instruct | v | 628 643 0977
04-mini | v | 622 653 0.953 Qwen2.5-7B-Instruct | | 61.0 721  0.846
GPT-0OSS-20B | | 60.5 63.2  0.957 Qwen2.5-3B-Instruct | v | 598 748 0.799
Qwen2.5-72B-Instruct | | 9.1 623 0.949 Qwen2.5-3B-Instruct | | 594 781 0.761

Table 3: (a) Ablation study of our primary stages. We observe that combining both sketch-mode cold
start and sketch-thinking RL achieves the highest thinking efficiency. Applying only sketch-mode
cold start mainly instills sketch-style reasoning ability fitted to the training data, resulting in limited
performance on test benchmarks. In contrast, applying sketch-thinking RL without cold start leads to
ineffective exploration and learning, yielding only marginal reductions in thinking cost. (b) Ablation
study of the LLM used for converting long reasoning into sketch-style reasoning. We observe that
cold-start data generated by GPT-5 yields optimal thinking efficiency. Therefore, we adopt GPT-
S5—generated data to build SketchColdStart-20K. Data from open-source LLMs reduce token cost
more aggressively, but at the expense of lower answer accuracy. (c) Ablation study of data sources
for constructing cold-start data. Combining diverse data sources simultaneously improves answer
accuracy and reduces reasoning cost. Leveraging multiple sources enhances robustness and fosters
more general sketch-style reasoning ability during the cold-start stage. (d) Ablation study of the
SketchJudge reward model. Qwen2.5-7B-Instruct, after fine-tuning for scoring ability, achieves the
best thinking efficiency. Providing more accurate supervision signals during reinforcement learning
leads to a more stable and effective training process, thereby enhancing the final sketch-style rea-

soning ability. Best results are bolded. Gray line is our default setting. All ablation results are
from MMMU. The utilized backbone is Qwen2.5-VL-7B-Instruct.

optimal thinking efficiency across various benchamrks. Compared with normally trained R1 model,
our model attains comparable answer accuracy with over 64% savings in thinking cost.

We also present the quantitative comparison results of our 3B model (see Tab. [2). For the 3B scale,
our framework also effectively elicits highly efficient reasoning ability. Compared with various
baselines, including prompt-based, SFT-based, and reinforcement learning—based methods, our ap-
proach achieves higher answer accuracy while requiring fewer reasoning tokens. This demonstrates
the general effectiveness of our method in improving reasoning efficiency across different model
scales. Notably, compared with Vanilla-R1, our method reduces thinking cost by more than 50%
while maintaining comparable answer accuracy. Compared with the 7B model, the reduction rate of
thinking cost is slightly lower. This is because the 3B model generally produces shorter reasoning
chains with less redundancy, leaving lesser room for efficiency improvement.

3.2 ABLATION STUDY AND ANALYSIS

Ablation of primary stages. We present an ablation study of our primary stages, including sketch-
mode cold start and sketch-thinking reinforcement learning (see Tab. [3a). We observe that com-
bining sketch-mode cold start with sketch-thinking reinforcement learning achieves both the high-
est reasoning efficiency and the best answer accuracy. Relying solely on sketch-mode cold start
build sketch-thinking ability that is largely restricted to the training set, resulting in suboptimal per-
formance on test benchmarks. Conversely, applying sketch-thinking reinforcement learning with-
out initializing sketch-style ability from cold start leads to ineffective exploration and yields only
marginal reductions in thinking cost.

Ablation of the LLM used for SketchColdStart-20K construction. We report ablation results of
different LLMs utilized to extract sketch-style reasoning from long reasoning traces during construc-
tion of SketchColdStart-20K (see Tab. [3b). We find that cold-start data generated by GPT-5 leads
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KQ: Three circles with centres A, B, C touch each other \
in pairs from the outside. Their radii are 3,2 and 1. How
big is the area of the triangle ABC?

Vanilla-R1: <think>To find the area of triangle ABC, we
need to determine the lengths of the sides of the
triangle, which are the distances between the centers
of the circles. The distance between the centers of two
touching circles is the sum of their radii. 1. The distance
between A and B is 3 + 2 = 5. 2. The distance between
Aand Cis 3 + 1 = 4. 3. The distance between B and C is
2 + 1 = 3.Now, we have a triangle with sides AB = 5, AC
= 4, and BC = 3. This is a right triangle because 372 +
472 =572 (i.e., 9 + 16 = 25). The area of a right
triangle is given by: Area = \frac{1}{2} \times {base}
\times {height}. Here, the base and height are 3 and 4.
So, the area is: Area = \frac{1}{2} \times 3 \times 4 =
\frac{1}{2} \times 12 = 6. Therefore, the area of
triangle ABC is 6.</think><answer>6</answer>

# Thinking Token: 266
SketchThinker-R1: <think>1. External tangency implies
distances 2. AB = 3+2, BC = 2+1, AC = 3+1 3. sides: 5, 3,

KQ: In triangle ABC, AB=AC, angle A=80°. D, E, and F lie\
on BC, AC and AB, respectively, and CE=CD and BF=BD,
then angle EDF equals A: 30° B: 40° C: 50° D: 65°

Vanilla-R1: <think> Given that AB = AC and angle A =
80°, triangle ABC is isosceles with angle B = angle C =
50°. Points D, E, and F are such that CE = CD and BF =
BD. This implies that triangle CDE and triangle BDF are
isosceles triangles. Since CE = CD, angle CDE = angle
CED. Similarly, since BF = BD, angle BDF = angle BFD. We
need to find angle EDF. First, let's find angle ECD and
angle BDF. In triangle CDE, angle ECD = 180° - 2angle
CDE. Since angle CDE = angle CED, we have angle CDE =
\frac{180° - angle C}{2} = \frac{180° - 50°}{2} = 65°.
Therefore, angle ECD = 180° - 2 \times 65° = 50°.
Similarly, in triangle BDF, angle BDF = angle BFD =
\frac{180° - angle BH2} = \frac{180° - 50°}{2} = 65°.
Now, angle EDF = 180° - angle EDC - angle BDF = 180°
- 65° - 65° = 50°. </think> <answer>C</answer>

# Thinking Token: 315
SketchThinker-R1: <think>1. AB=AC, angle A=80°. 2.
angle B=angle C=50°. 3. CE=CD, angle CED=angle CDE.

4 4. 32+442=52 — right triangle 5. area = 4. angle CED=angle CDE=65°. 5. BF=BD, angle BFD=angle

\frac{1}{2}»3x4=6</think><answer>6</answer> BDF. 6. angle BFD=angle BDF=65°. 7. angle EDF=180°-
65°-65°=50° </ think><answer>C</answer>

\ / \ # Thinking Token: 112 /

Figure 3: Qualitative analysis of our SketchThinker-R1. SketchThinker-R1 conducts a highly
efficient yet effective sketch-style reasoning process. By focusing on key cues in problem-solving,
our model arrives at the correct answer. The samples are from MathVision (Wang et al., [2024)).

# Thinking Token: 79

to the most effective development of sketch-style thinking ability. Models cold-started with data
from closed-source LLMs achieve relatively higher final answer accuracy, because closed-source
models tend to produce more reliable sketch-style reasoning processes, which in turn improves ac-
curacy after reinforcement training. In contrast, cold-start data generated by open-source LLMs
results in more efficient reasoning ability, as these models tend to produce more concise sketch-style
reasoning. Overall, distribution of cold-start data significantly influences final learned ability after
reinforcement learning, shaping whether the trained model emphasizes accuracy or efficiency.

Ablation of the cold start data source. We present the influence of data source used to construct
SketchColdStart-20K (see Tab. [3c). We observe that combining multiple data sources simultane-
ously improves both final answer accuracy and reasoning efficiency. A more diverse set of cold-start
data enables the model to acquire a broader and more general sketch-thinking ability without over-
fitting to a single distribution. During the subsequent reinforcement learning stage, this broader
capability can be more effectively generalized, resulting in further gains in reasoning efficiency.

Ablation of SketchJudge reward model. We present results of different SketchJudge reward mod-
els (see Tab. [3d). We observe that Qwen2.5-7B-Instruct, after scoring ability fine-tuning, enables
SketchThinker-R1 to achieve optimal thinking efficiency. Providing a more reliable reward signal
during reinforcement learning enables the model to more effectively learn sketch-style reasoning
ability. Supervised fine-tuning enhances the scoring accuracy of the SketchJudge reward model,
thereby improving reward assignment and guiding the learning of more effective sketch-style rea-
soning. In addition, employing a larger backbone improves the evaluation of the model reasoning
process during reinforcement learning, leading to stronger overall sketch-thinking ability.

Qualitative cases. We also present qualitative examples of our SketchThinker-R1 (see Fig. [3).
We observe that SketchThinker-R1 generates reasoning processes that concentrate on the key cues
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required to solve the problem, leading to a highly efficient thinking process. Compared with Vanilla-
R1, thinking cost of SketchThinker-R1 is significantly lower, while still producing correct answers.

4 RELATED WORK

Large Multi-modal Reasoning Model. Driven by the success of RL in eliciting reasoning from
LLMs (Guo et al., 2025} Jaech et al., 2024)), researchers have attempted to replicate this success in
the multimodal domain (Li et al.| 2025bj, [Wang et al., [2025b). VisualThinker-R1-Zero (Zhou et al.,
2025b) and MM-Eureka (Meng et al., 2025) pioneer the exploration of spatial reasoning and mathe-
matical VQA tasks, successfully reproducing long CoT characteristics in large multimodal models.
Taking one step further, OThink-MR1 (Liu et al.l [2025) propose dynamic weighting of the KL di-
vergence term to enhance GRPO (Shao et al.| 2024), balancing exploration in early RL stages with
exploitation in later stages. ThinkLite-VL (Wang et al., [2025a)) introduce difficulty quantification
for training samples, measuring the iterations required to solve each problem and selecting samples
of appropriate difficulty for RL training. Building on these early efforts, Vision-R1 (Huang et al.,
2025)) leverage VLMs and DeepSeek-R1 (Guo et al., 2025)to construct reasoning data, initialize rea-
soning ability through cold-start training, and propose Pprogressive Thinking Suppression Training
(PTST) to incrementally increase reasoning length. LMM-R1 (Peng et al.| 2025) adopt a two-stage
pipeline, first leveraging large-scale text-only data to strengthen reasoning before transitioning to
multimodal reasoning. Beyond text-image reasoning, some works extend to other modalities (Xie
et al., 2025} |[Zhang et al.| [2024ajb). R1-Omni (Zhao et al.,|[2025) conduct preliminary attempts on
video and audio tasks, while Spatial-R1 (Ouyang| [2025) extend R1-style training to video spatial
reasoning. However, these models generally exhibit long reasoning processes, resulting in low ef-
ficiency. In contrast, SketchThinker-R1 explicitly optimizes the reasoning process while preserving
answer accuracy by building sketch-style reasoning ability in large multimodal models.

Efficient Reasoning. Research on efficient reasoning has mainly followed three trajectories (Feng
et al., 2025} [Sui et al.,2025)). The first is prompt-based efficient reasoning, which controls reasoning
length through instructions. For example, TALE-EP (Han et al.l 2024) prompts models to estimate
the required token budget for a given question, then constrains reasoning within that budget. Chain-
of-Draft (Xu et al.,|2025b)) further controls the length of each reasoning step through prompt design.
The second trajectory is training-based efficient reasoning, which directly trains models to produce
concise reasoning. These methods typically involve collecting short reasoning data and conduct-
ing SFT. For instance, Self-Training (Munkhbat et al., [2025) samples multiple outputs for the same
question, selecting the shortest reasoning to construct a training set. TokenSkip (Xia et al.| [2025)
estimates the semantic importance of each reasoning segment and prunes unnecessary tokens. The
third trajectory is output-based efficient reasoning, which reduces reasoning length dynamically at
inference. Several works replace explicit CoT with latent representations. Coconut (Hao et al.,
2024) treats the final hidden states of an LLM as continuous thoughts, bypassing tokenized reason-
ing. CODI (Shen et al.| 2025c) extends this by training models to learn continuous latent CoT via
self-distillation. Other works explore sampling-based methods to improve efficiency without retrain-
ing (L1 et al.;|2025a;/ Wang et al., 2025¢). Different from existing works, SketchThinker-R1 explicitly
supervises the thinking style of model during reinforcement learning through the SketchJudge re-
ward model, thereby enhancing reasoning efficiency by fostering sketch-style thinking ability.

5 CONCLUSION

In this paper, we propose SketchThinker-R1, a reinforcement learning framework designed to incen-
tivize efficient sketch-style reasoning in large multimodal models. Our framework consists of three
main stages: (1) Sketch-Mode Cold Start. We construct SketchColdStart-20K, a sketch-style reason-
ing dataset created by converting long reasoning processes from diverse data sources to sketch-style.
By fine-tuning on this dataset, base multimodal models are endowed with initial sketch-style reason-
ing ability. (2) SketchJudge Reward Model. We develop a reward model that explicitly evaluates the
reasoning process and assigns higher scores to concise sketch-style thinking. (3) Sketch-Thinking
Reinforcement Learning. We apply reinforcement learning under the supervision of SketchJudge to
further generalize and strengthen the sketch-style reasoning ability. Extensive evaluations on four
benchmarks across different domains illustrate the thinking efficiency of SketchThinker-R1, which
achieves over 64% reduction in reasoning length while maintaining comparable answer accuracy.



Published as a conference paper at ICLR 2026

ACKNOWLEDGMENT

We acknowledge supports from Guangdong Basic and Applied Basic Research Foundation
2025A1515012281, Nanjing Municipal Science and Technology Bureau 202401035 and University
of Macau MYRG-GRG2024-00077-FST-UMDF.

ETHICS STATEMENT

In this work, we investigate incentivizing sketch-style reasoning ability in large multimodal models
to improve reasoning efficiency. The training data used in both the cold-start and reinforcement
learning stages are drawn entirely from publicly available sources and contain no harmful or sen-
sitive content. Our research focuses exclusively on improving the reasoning efficiency of large
multimodal models, without involving human subjects, personal data, or safety-critical applications.

REPRODUCIBILITY STATEMENT

We provide a detailed presentation of our implementation process in Sec. [3] and Appendix [D] The
construction procedures of both SketchColdStart-20K and SketchRL-1K are described in detail. All
key hyperparameters used in supervised fine-tuning and reinforcement training are reported. In
addition, we include the full prompts employed for sketch-thinking data construction. All code,
models, and datasets will be released to ensure reproducibility.

REFERENCES

Pranjal Aggarwal and Sean Welleck. L1: Controlling how long a reasoning model thinks with
reinforcement learning. arXiv preprint arXiv:2503.04697, 2025.

Lin Chen, Jinsong Li, Xiaoyi Dong, Pan Zhang, Yuhang Zang, Zehui Chen, Haodong Duan, Jiaqi
Wang, Yu Qiao, Dahua Lin, et al. Are we on the right way for evaluating large vision-language
models? Advances in Neural Information Processing Systems, 37:27056-27087, 2024a.

Xingyu Chen, Jiahao Xu, Tian Liang, Zhiwei He, Jianhui Pang, Dian Yu, Linfeng Song, Qiuzhi Liu,
Mengfei Zhou, Zhuosheng Zhang, et al. Do not think that much for 2+ 3=? on the overthinking
of ol-like llms. arXiv:2412.21187, 2024b.

Zigeng Chen, Xinyin Ma, Gongfan Fang, Ruonan Yu, and Xinchao Wang. Verithinker: Learning to
verify makes reasoning model efficient. arXiv preprint arXiv:2505.17941, 2025.

Nigel Cross. Designerly ways of knowing. Springer, 2006.

Alejandro Cuadron, Dacheng Li, Wenjie Ma, Xingyao Wang, Yichuan Wang, Siyuan Zhuang, Shu
Liu, Luis Gaspar Schroeder, Tian Xia, Huanzhi Mao, et al. The danger of overthinking: Examin-
ing the reasoning-action dilemma in agentic tasks. arXiv:2502.08235, 2025.

Sicheng Feng, Gongfan Fang, Xinyin Ma, and Xinchao Wang. Efficient reasoning models: A survey.
arXiv:2504.10903, 2025.

Daya Guo, Dejian Yang, Haowei Zhang, Junxiao Song, Ruoyu Zhang, Runxin Xu, Qihao Zhu,
Shirong Ma, Peiyi Wang, Xiao Bi, et al. Deepseek-r1: Incentivizing reasoning capability in llms
via reinforcement learning. arXiv:2501.12948, 2025.

Tingxu Han, Zhenting Wang, Chunrong Fang, Shiyu Zhao, Shiqing Ma, and Zhenyu Chen. Token-
budget-aware 1lm reasoning. arXiv:2412.18547,2024.

Shibo Hao, Sainbayar Sukhbaatar, DiJia Su, Xian Li, Zhiting Hu, Jason Weston, and Yuandong
Tian. Training large language models to reason in a continuous latent space. arXiv:2412.06769,
2024.

Bairu Hou, Yang Zhang, Jiabao Ji, Yujian Liu, Kaizhi Qian, Jacob Andreas, and Shiyu Chang.
Thinkprune: Pruning long chain-of-thought of llms via reinforcement learning. arXiv preprint
arXiv:2504.01296, 2025.

10



Published as a conference paper at ICLR 2026

Wenxuan Huang, Bohan Jia, Zijie Zhai, Shaosheng Cao, Zheyu Ye, Fei Zhao, Zhe Xu, Yao Hu, and
Shaohui Lin. Vision-rl: Incentivizing reasoning capability in multimodal large language models.
arXiv:2503.06749, 2025.

Aaron Jaech, Adam Kalai, Adam Lerer, Adam Richardson, Ahmed EIl-Kishky, Aiden Low,
Alec Helyar, Aleksander Madry, Alex Beutel, Alex Carney, et al. Openai ol system card.
arXiv:2412.16720, 2024.

Yu Kang, Xianghui Sun, Liangyu Chen, and Wei Zou. C3ot: Generating shorter chain-of-thought
without compromising effectiveness. In Proceedings of the AAAI Conference on Artificial Intelli-
gence, volume 39, pp. 24312-24320, 2025.

Peiji Li, Kai Lv, Yunfan Shao, Yichuan Ma, Linyang Li, Xiaoqing Zheng, Xipeng Qiu, and Qipeng
Guo. Fastmcts: A simple sampling strategy for data synthesis. arXiv:2502.11476, 2025a.

Yunxin Li, Zhenyu Liu, Zitao Li, Xuanyu Zhang, Zhenran Xu, Xinyu Chen, Haoyuan Shi, Shenyuan
Jiang, Xintong Wang, Jifang Wang, et al. Perception, reason, think, and plan: A survey on large
multimodal reasoning models. arXiv:2505.04921, 2025b.

Zhiyuan Liu, Yuting Zhang, Feng Liu, Changwang Zhang, Ying Sun, and Jun Wang. Othink-mr1:
Stimulating multimodal generalized reasoning capabilities via dynamic reinforcement learning.
arXiv:2503.16081, 2025.

Pan Lu, Hritik Bansal, Tony Xia, Jiacheng Liu, Chunyuan Li, Hannaneh Hajishirzi, Hao Cheng, Kai-
Wei Chang, Michel Galley, and Jianfeng Gao. Mathvista: Evaluating mathematical reasoning of
foundation models in visual contexts. arXiv:2310.02255, 2023.

Fanqing Meng, Lingxiao Du, Zongkai Liu, Zhixiang Zhou, Quanfeng Lu, Daocheng Fu, Botian Shi,
Wenhai Wang, Junjun He, Kaipeng Zhang, et al. Mm-eureka: Exploring visual aha moment with
rule-based large-scale reinforcement learning. CoRR, 2025.

Tergel Munkhbat, Namgyu Ho, Seo Hyun Kim, Yongjin Yang, Yujin Kim, and Se-Young Yun. Self-
training elicits concise reasoning in large language models. arXiv:2502.20122, 2025.

Sania Nayab, Giulio Rossolini, Marco Simoni, Andrea Saracino, Giorgio Buttazzo, Nicolamaria
Manes, and Fabrizio Giacomelli. Concise thoughts: Impact of output length on 1lm reasoning and
cost. arXiv:2407.19825, 2024.

Kun Ouyang. Spatial-rl: Enhancing mllms in video spatial reasoning. arXiv e-prints, pp. arXiv—
2504, 2025.

Yingzhe Peng, Gongrui Zhang, Miaosen Zhang, Zhiyuan You, Jie Liu, Qipeng Zhu, Kai Yang,
Xingzhong Xu, Xin Geng, and Xu Yang. Lmm-rl: Empowering 3b Imms with strong reasoning
abilities through two-stage rule-based rl. arXiv:2503.07536, 2025.

Zhihong Shao, Peiyi Wang, Qihao Zhu, Runxin Xu, Junxiao Song, Xiao Bi, Haowei Zhang,
Mingchuan Zhang, YK Li, Yang Wu, et al. Deepseekmath: Pushing the limits of mathemati-
cal reasoning in open language models. arXiv:2402.03300, 2024.

Haozhan Shen, Peng Liu, Jingcheng Li, Chunxin Fang, Yibo Ma, Jiajia Liao, Qiaoli Shen, Zilun
Zhang, Kangjia Zhao, Qiangian Zhang, et al. VIm-rl: A stable and generalizable rl-style large
vision-language model. arXiv preprint arXiv:2504.07615, 2025a.

Hui Shen, Taigiang Wu, Qi Han, Yunta Hsieh, Jizhou Wang, Yuyue Zhang, Yuxin Cheng, Zijian
Hao, Yuansheng Ni, Xin Wang, et al. Phyx: Does your model have the” wits” for physical
reasoning? arXiv:2505.15929, 2025b.

Zhenyi Shen, Hanqi Yan, Linhai Zhang, Zhanghao Hu, Yali Du, and Yulan He. Codi: Compressing
chain-of-thought into continuous space via self-distillation. arXiv:2502.21074, 2025c.

Yang Sui, Yu-Neng Chuang, Guanchu Wang, Jiamu Zhang, Tianyi Zhang, Jiayi Yuan, Hongyi Liu,

Andrew Wen, Shaochen Zhong, Hanjie Chen, et al. Stop overthinking: A survey on efficient
reasoning for large language models. arXiv:2503.16419, 2025.

11



Published as a conference paper at ICLR 2026

Ke Wang, Junting Pan, Weikang Shi, Zimu Lu, Houxing Ren, Aojun Zhou, Mingjie Zhan, and Hong-
sheng Li. Measuring multimodal mathematical reasoning with math-vision dataset. Advances in
Neural Information Processing Systems, 37:95095-95169, 2024.

Xiyao Wang, Zhengyuan Yang, Chao Feng, Hongjin Lu, Linjie Li, Chung-Ching Lin, Kevin Lin,
Furong Huang, and Lijuan Wang. Sota with less: Mcts-guided sample selection for data-efficient
visual reasoning self-improvement. arXiv:2504.07934, 2025a.

Yaoting Wang, Shengqiong Wu, Yuecheng Zhang, Shuicheng Yan, Ziwei Liu, Jiebo Luo, and Hao
Fei. Multimodal chain-of-thought reasoning: A comprehensive survey. arXiv:2503.12605, 2025b.

Yiming Wang, Pei Zhang, Siyuan Huang, Baosong Yang, Zhuosheng Zhang, Fei Huang, and Rui
Wang. Sampling-efficient test-time scaling: Self-estimating the best-of-n sampling in early de-
coding. arXiv:2503.01422, 2025c.

Yiping Wang, Qing Yang, Zhiyuan Zeng, Liliang Ren, Liyuan Liu, Baolin Peng, Hao Cheng, Xuehai
He, Kuan Wang, Jianfeng Gao, et al. Reinforcement learning for reasoning in large language
models with one training example. arXiv preprint arXiv:2504.20571, 2025d.

Heming Xia, Chak Tou Leong, Wenjie Wang, Yongqi Li, and Wenjie Li. Tokenskip: Controllable
chain-of-thought compression in llms. arXiv:2502.12067, 2025.

Kun Xiang, Heng Li, Terry Jingchen Zhang, Yinya Huang, Zirong Liu, Peixin Qu, Jixi He, Jiaqi
Chen, Yu-Jie Yuan, Jianhua Han, et al. Seephys: Does seeing help thinking?-benchmarking
vision-based physics reasoning. arXiv:2505.19099, 2025.

Yijia Xiao, Edward Sun, Tianyu Liu, and Wei Wang. Logicvista: Multimodal 1lm logical reasoning
benchmark in visual contexts. arXiv:2407.04973, 2024.

Zhifei Xie, Mingbao Lin, Zihang Liu, Pengcheng Wu, Shuicheng Yan, and Chunyan Miao. Audio-
reasoner: Improving reasoning capability in large audio language models. arXiv preprint
arXiv:2503.02318, 2025.

Fengli Xu, Qianyue Hao, Zefang Zong, Jingwei Wang, Yunke Zhang, Jingyi Wang, Xiaochong Lan,
Jiahui Gong, Tianjian Ouyang, Fanjin Meng, et al. Towards large reasoning models: A survey of
reinforced reasoning with large language models. arXiv preprint arXiv:2501.09686, 2025a.

Guowei Xu, Peng Jin, Ziang Wu, Hao Li, Yibing Song, Lichao Sun, and Li Yuan. Llava-cot: Let
vision language models reason step-by-step. arXiv:2411.10440, 2024.

Silei Xu, Wenhao Xie, Lingxiao Zhao, and Pengcheng He. Chain of draft: Thinking faster by writing
less. arXiv:2502.18600, 2025b.

Weiye Xu, Jiahao Wang, Weiyun Wang, Zhe Chen, Wengang Zhou, Aijun Yang, Lewei Lu,
Hougiang Li, Xiaohua Wang, Xizhou Zhu, et al. Visulogic: A benchmark for evaluating visual
reasoning in multi-modal large language models. arXiv:2504.15279, 2025c.

Yi Yang, Xiaoxuan He, Hongkun Pan, Xiyan Jiang, Yan Deng, Xingtao Yang, Haoyu Lu, Dacheng
Yin, Fengyun Rao, Minfeng Zhu, et al. R1-onevision: Advancing generalized multimodal rea-
soning through cross-modal formalization. arXiv:2503.10615, 2025.

Xiang Yue, Yuansheng Ni, Kai Zhang, Tianyu Zheng, Ruoqi Liu, Ge Zhang, Samuel Stevens,
Dongfu Jiang, Weiming Ren, Yuxuan Sun, et al. Mmmu: A massive multi-discipline multi-
modal understanding and reasoning benchmark for expert agi. In Proceedings of the IEEE/CVF
Conference on Computer Vision and Pattern Recognition, pp. 9556-9567, 2024.

Kaiyan Zhang, Yuxin Zuo, Bingxiang He, Youbang Sun, Runze Liu, Che Jiang, Yuchen Fan, Kai
Tian, Guoli Jia, Pengfei Li, et al. A survey of reinforcement learning for large reasoning models.
arXiv preprint arXiv:2509.08827, 2025.

Ruiyang Zhang, Hu Zhang, Hang Yu, and Zhedong Zheng. Approaching outside: scaling unsu-
pervised 3d object detection from 2d scene. In European Conference on Computer Vision, pp.
249-266. Springer, 2024a.

12



Published as a conference paper at ICLR 2026

Ruiyang Zhang, Hu Zhang, Hang Yu, and Zhedong Zheng. Harnessing uncertainty-aware bounding
boxes for unsupervised 3d object detection. arXiv preprint arXiv:2408.00619, 2024b.

Jiaxing Zhao, Xihan Wei, and Liefeng Bo. R1-omni: Explainable omni-multimodal emotion recog-
nition with reinforcement learning. arXiv:2503.05379, 2025.

Yaowei Zheng, Richong Zhang, Junhao Zhang, Yanhan Ye, Zheyan Luo, Zhangchi Feng, and
Yonggiang Ma. Llamafactory: Unified efficient fine-tuning of 100+ language models. In Pro-
ceedings of the 62nd Annual Meeting of the Association for Computational Linguistics (Volume
3: System Demonstrations), Bangkok, Thailand, 2024. Association for Computational Linguis-
tics. URL|http://arxiv.org/abs/2403.13372.

Yaowei Zheng, Junting Lu, Shenzhi Wang, Zhangchi Feng, Dongdong Kuang, and Yuwen Xiong.
Easyrl: An efficient, scalable, multi-modality rl training framework. https://github.com/
hiyouga/EasyR1, 2025.

Guanghao Zhou, Panjia Qiu, Cen Chen, Jie Wang, Zheming Yang, Jian Xu, and Minghui Qiu.
Reinforced mllm: A survey on rl-based reasoning in multimodal large language models. arXiv
preprint arXiv:2504.21277, 2025a.

Hengguang Zhou, Xirui Li, Ruochen Wang, Minhao Cheng, Tianyi Zhou, and Cho-Jui Hsieh. R1-

EPEL)

zero’s” aha moment” in visual reasoning on a 2b non-sft model. arXiv:2503.05132, 2025b.

13


http://arxiv.org/abs/2403.13372
https://github.com/hiyouga/EasyR1
https://github.com/hiyouga/EasyR1

Published as a conference paper at ICLR 2026

APPENDIX

A  PROMPT DESIGN

We present the prompt used for sketch-style reasoning generation (see Tab. [I6). The LLM is in-
structed to retain the key logic for problem solving while removing unnecessary details. In addition,
it is prompted to structure the reasoning process into a numbered list, making the reasoning clearer
and easier to follow.

B CoLD START DATA ILLUSTRATION

We provide several examples from our cold-start dataset SketchColdStart-20K (see Fig. d). The
generated sketch-style reasoning process is highly concise. Fine-tuning the base multimodal model
on SketchColdStart-20K establishes a solid foundation for developing efficient reasoning ability.

C QUALITATIVE CASES

We present qualitative cases of SketchThinker-R1 (see Fig.[5] Fig.[6} Fig.[7] Fig.[8). SketchThinker-
R1 generates substantially shorter reasoning processes while still arriving at correct answers. Its
sketch-style reasoning emphasizes key cues for solving the given questions, resulting in a much
more efficient yet highly effective reasoning process. Moreover, the sketch-style reasoning offers
greater explainability, making it easier to understand and follow the key logical flow.

D IMPLEMENTATION DETAIL

D.1 SKETCH-MODE COLD START

We use LLaMA-Factory for the cold-start fine-tuning. The LoRA rank is set to 8, with a training
batch size of 16 and a gradient accumulation step of 2. The learning rate is set to 1.0e-5, and
the warm-up ratio is set to 0.1. We train for a total of 10 epochs on the SketchColdStart-20K
dataset. For the SketchThinker-R1-7B, we use Qwen2.5-VL-7B-Instruct as the backbone, and for
the SketchThinker-R1-3B, we use Qwen2.5-VL-3B-Instruct as the backbone.

D.2 SKETCHJUDGE REWARD MODEL

We also use LLaMA-Factory for fine-tuning our SketchJudge reward model, with Qwen2.5-7B-
Instruct as the backbone. The training batch size is set to 16, with a gradient accumulation step of 8.
The learning rate is set to 1.0e-5, and the warm-up ratio is set to 0.1. We train for a total of 10 epochs.
The training dataset for SketchJudge is derived from SketchColdStart-20K. For each question, there
is an original long reasoning process and our constructed sketch-style reasoning process. A score of
0 is assigned to the long reasoning process, and a score of 1 is assigned to the sketch-style reasoning
process. As a result, we obtain a fine-tuning dataset of 40K labeled data.

D.3 SKETCH-THINKING REINFORCEMENT LEARNING

We use Easy-R1 for the reinforcement training process. The base model for SketchThinker-R1-7B
is the cold-started Qwen2.5-VL-7B-Instruct model, and the base model for SketchThinker-R1-3B is
the cold-started Qwen2.5-VL-3B-Instruct model. The training data, SketchRL-1K, is curated from
MMStar, MathVista, LogicVista, and SeePhys. The maximum prompt length is set to 2048, and the
maximum response length is set to 2048. We use adopt GRPO as the RL algorithm. The KL penalty
is enabled with a penalty coefficient of 1.0e-2. AdamW is used as the optimizer, with a learning rate
of 1.0e-6 and a weight decay of 1.0e-2. The rollout batch size is set to 512. The rollout sampling
time is set to 5, and the model temperature is set to 1.0. We train for a total of 15 epochs.

14



Published as a conference paper at ICLR 2026

D.4 TRAINING DETAIL OF BASELINE

All baselines share the same training data as SketchThinker-R1, except for the prompt-based base-
lines. We provide the details of constructing the training data for each baseline as follows:

SFT-based baselines. For C30T, we leverage the same data samples as SketchColdStart-20K. We
directly utilize the original CoTs from LLaVA-CoT and Vision-R1-Cold as the long CoTs, and
follow the data generation pipeline described in the C30T paper to construct the corresponding short
CoTs. In addition, we also generate long CoTs for SketchRL-1K with GPT-5, since the ground-truth
long CoTs are missing for this set. We then produce short CoTs for those long CoTs following the
data generation pipelines in C30T paper. All these short and long CoTs are then mixed together
to fine-tune the base model, ensuring a fair comparison. For VeriThinker, we also utilize the same
data samples in SketchColdStart-20K as the data source. Following the original paper, we leverage a
small non-reasoning model, Qwen2.5-VL-3B-Instruct, to generate short-CoT data for these samples.
We also apply the same procedure to construct the short-CoT data for SketchRL-1K. All generated
short-CoT data are then utilized to fine-tune the base model for the verification task, following the
original training setup, to enhance its efficient reasoning capabilities.

RL-based baselines. For L1, we utilize the same RL training dataset (SketchRL-1K) to perform
reinforcement learning with the length-based reward proposed in the original paper. For ThinkPrune,
we also use SketchRL-1K for reinforcement learning and follow the response truncation and reward-
shaping strategies described in the original paper.

E MORE ABLATION AND ANALYSIS

Ablation between binary reward and dense reward. We conduct an ablation study to compare
binary sketch-thinking reward and dense sketch-thinking reward (see Tab. [). Specifically, we im-
plement dense reward by prompting SketchJudge to output a floating-point score between 0.0 and
1.0 for thinking style of model, assigning higher scores to more sketch-style thinking and lower
scores to more normal-style thinking. We perform this ablation on Qwen2.5-VL-7B-Instruct and
evaluate on the MMMU benchmark. We find that the binary reward yields better results than the
dense reward. We analyze that the binary reward providing a much stricter and more direct supervi-
sion signal during the reinforcement learning process. This direct supervision helps the model more
effectively acquire sketch-style thinking ability and leads to improved performance.

Reward Design | Acc.t  #Token|  EoTt
Binary Reward | 62.8 64.3 0.977
Dense Reward | 62.6 65.4 0.957

Table 4: Ablation between binary reward and dense reward.

Ablation between weight of sketch-style thinking reward and accuracy reward. We present an
ablation study between weight of sketch-style thinking reward and accuracy reward (see Tab. [5). We
gradually increase the weight of the sketch-style thinking reward while decreasing the weight of the
accuracy reward. We observe that the weight ratio of 0.5 : 0.4 : 0.1 achieves the highest Efficiency
of Thinking (EoT). As the weight of the sketch-style thinking reward increases from 0.05 to 0.1, we
observe both reduction in thinking cost and improvement in answer accuracy. This is because ef-
fective learning of sketch-style reasoning contributes to both improved thinking efficiency and more
accurate question answering. As the weight increases continuously from 0.1 to 0.4, although the
thinking token cost sees further reduction, accuracy also degrades, ultimately leading to suboptimal
EoT. Too high weight for sketch-style thinking (e.g., 0.4) and too low weight for the accuracy re-
ward (e.g., 0.2) can lead to reward hacking, where the model focuses solely on achieving a higher
sketch-style thinking reward and neglects correctly answering the question.

Ablation between weight of sketch-style thinking reward and format reward. We further per-
form an ablation study in which we gradually increase the sketch-style thinking reward weight while
decreasing the format reward weight (see Tab. [6). We find that the weight ratio 0.5 : 0.4 : 0.1 also
achieves the highest EoT across all settings. We observe a similar trend to the ablation between
weight of sketch-style thinking reward and accuracy reward. We analysis that after Sketch-Mode
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Accuracy : Format : Sketch \ Acc.t  #Token]  EoT®

0.55:0.4:0.05 | 622 65.2 0.954
0.5:0.4:0.1 | 62.8 64.3 0.977
0.4:04:0.2 | 623 63.9 0.975
0.3:0.4:0.3 ‘ 61.6 63.5 0.970
0.2:04:04 | 60.8 62.8 0.968

Table 5: Ablation between weight of sketch-style thinking reward and accuracy reward.

Accuracy : Format : Sketch ‘ Acc.t #Token] EoT?t

0.5:0.45 : 0.05 | 625 64.8 0.965
0.5:0.4:0.1 | 628 643 0.977
0.5:0.3:0.2 | 625 64.1 0.975
0.5:0.2:0.3 | 618 63.8 0.969
0.5:0.1:04 | 61.2 63.5 0.964

Table 6: Ablation between weight of sketch-style thinking reward and format reward.

Cold Start, the model has already learned the correct response format and thus receives a high for-
mat reward. As a result, increasing the weight of the sketch-style thinking reward means relatively
reducing the weight of accuracy reward, leading to a similar performance trend as in the ablation
between the weight of sketch-style thinking reward and accuracy reward.

Ablation of combination strategy of multiple rewards. For the combination strategy of multiple
rewards during reinforcement training, in addition to the fixed-weight combination of accuracy,
format, and sketch-style thinking rewards, we also experiment with two more flexible strategies (see
Tab.[7). The first is a staged weighting scheme for the sketch-style thinking reward. Specifically, we
set the weights of accuracy, format, and sketch-style reasoning to 0.45 : 0.40 : 0.15 during the first
30 steps, 0.50 : 0.40 : 0.10 during steps 30-60, and 0.55 : 0.40 : 0.05 during the remaining steps.
The second is a dynamic weighting scheme. In this setting, we linearly decrease the sketch-style
thinking reward weight from 0.15 to 0.05 over the entire training process according to the current
step, while simultaneously increasing the accuracy weight from 0.45 to 0.55. We observe that: (1)
The staged weighting scheme for the sketch-thinking reward achieves better results than the fixed-
weight setting. We analyze that assigning a higher weight to the sketch-style thinking reward in the
early stage of RL encourages the model to more effectively transfer the sketch-style thinking ability
learned during cold-start training to the new domain of RL training data. In addition, increasing
the accuracy weight toward the end of RL training helps the model refine how it utilizes sketch-
style thinking to obtain correct answers. (2) The dynamic weighting scheme for the sketch-thinking
reward yields even better results than the staged scheme. We attribute this to the smoother transition
it provides, from emphasizing the generalization of sketch-style thinking (from cold-start to RL
data) to prioritizing answer accuracy, ultimately leading to a more effective sketch-thinking ability.

Sketch Reward Weight \ Acc.T #Token] EoT?

Fixed Weight ‘ 62.8 64.3 0.977
Staged Weight | 63.0 63.8 0.987
Dynamic Weight | 63.2 62.5 1.011

Table 7: Ablation of combination strategy of multiple rewards.

Baseline optimized for absolute maximal accuracy. We attempt to establish an accuracy baseline
optimized for absolute maximal accuracy and present the results in Tab.|8] Specifically, we first fine-
tune Qwen2.5-VL-7B-Instruct on the original long reasoning data of samples in SketchColdStart-
20K. Based on this cold-started base model, we further conduct RL training and tune several key RL
hyper-parameters to seek for higher accuracy, including the learning rate, number of rollouts, and
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Method Ir nrollout  kl_coefficient \ Acc.t  #Token|  EoT{
Vanilla-R1-7B 1.0e-6 5 1.0e-2 | 61.0 182.2 0.335
Vanilla-R1-7B-ColdStart 1.0e-6 5 1.0e-2 61.5 211.3 0.291

61.6 208.3 0.296
Vanilla-R1-7B-ColdStart
Vanilla-R1-7B-ColdStart 1.0e-6 5 1.0e-3 62.0 218.4 0.284

|
|
| |
Vanilla-R1-7B-ColdStart | 5.0e-7 5 1.0e-2 |
‘ 1.0e-6 10 1.0e-2 ‘ 61.5 205.8 0.299
| |
SketchThinker-R1-7B | |

1.0e-6 5 1.0e-2 62.8 64.3 0.977

Table 8: Baseline optimized for absolute maximal accuracy.

SketchThinker-R1-7B Vanilla-R1-7B SketchThinker-R1-3B Vanilla-R1-3B

#Training Samples Acc.t #Token] EoTt|Acc.? #Token] EoT1|Acc.t #Token| EoT7T|Acc.t #Token] EoT{

1K | 628 643 0977 61.0 1822 0.335] 559 545 1.026] 548 1283 0.427
2K | 645 601 1.073] 623 1855 0.336] 57.2 523 1.094] 56.1 1324 0.424
3K | 652 583 1.118] 63.5 1839 0.345| 57.8 514 1.125| 568 1338 0.425
4K | 658 575 1.144| 642 1889 0.340| 583 508 1.148]| 576 1345 0.428
5K | 66.1 56.8 1.164] 646 1921 0.336| 585 503 1.163| 57.8 1332 0434

Table 9: Scaling experiment for the size of RL training set.

#Training Steps SketchThinker-R1-7B Vanilla-R1-7B SketchThinker-R1-3B Vanilla-R1-3B
Acc.t #Token] EoTf{|Acc.? #Token| EoT1|Acc.t #Token| EoTT|Acc.t #Token] EoT{
100 \ 62.8 643 0.977\ 61.0 1822 0.335\ 559 545 1.026\ 54.8 1283 0.427
200 \ 632 621 1.018\ 614 1855 0.331\ 563 534 1.054\ 552 1325 0417
300 | 634 61.8 1.026| 612 1862 0.329] 565 53.1 1.064| 55.0 1312 0419
400 | 632 615 1.028| 61.5 1858 0.331] 562 534 1.052| 552 1338 0413
500 | 635 61.6 1031|612 1853 0.330| 564 529 1.066] 553 1335 0414

Table 10: Scaling experiment for the number of training steps.

the coefficient of the KL penalty. We refer to this model as Vanilla-R1-7B-ColdStart. We observe
that Vanilla-R1-7B-ColdStart achieves a higher accuracy of 61.8 after an initial fine-tuning stage
on long CoT data and careful hyperparameter tuning during reinforcement training. However, its
performance is still lower than that of our SketchThinker-R1-7B. Moreover, because this baseline
is cold-started with long reasoning data, its thinking cost increases significantly. This illustrates
the effectiveness of sketch-style reasoning in reducing thinking cost while contributing to accurate
question answering.

F SCALING EXPERIMENT

We conduct two scaling experiments: (1) scaling the size of RL training set. (2) scaling the number
of training steps.

Scaling the size of RL training set. We conduct data scaling experiment with RL training sets of
size 1K, 2K, 3K, 4K, and 5K (see Tab. E[) Our RL training data is drawn from MMStar, MathVista,
LogicVista, and SeePhys, resulting in a training pool of 9,088 examples in total. We randomly
sample 2K, 3K, 4K, and 5K subsets from this pool and conduct a data scaling experiment. We
conduct this experiment with both cold-started Qwen2.5-VL-7B-Instruct and cold-started Qwen2.5-
VL-3B and evaluated on MMMU. We observe that both SketchThinker-R1-7B and SketchThinker-
R1-3B scales well with increased RL training set size. As the number of RL training samples
increases from 1K to 5K, the accuracy of our method gradually improves, while the token cost
steadily decreases, leading to improved EoT (Efficiency of Thinking). Moreover, SketchThinker-
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R1 consistently outperforms Vanilla-R1 in terms of both accuracy and thinking cost across all data
scales.

Scaling the number of training steps. We also conduct scaling experiment on the number of RL
training steps (see Tab.[9). Specifically, we conduct 500 RL training steps on 1K samples with cold-
started Qwen2.5-VL-7B-Instruct and cold-started Qwen2.5-VL-3B. We save checkpoints at 100,
200, 300, 400, and 500 steps, and evaluate each on MMMU. We observe that SketchThinker-R1
exhibits stable training dynamics as we scale the number of training steps. The accuracy gradually
increases and then plateaus, while the thinking cost gradually decreases and then stabilizes. There
are no signs of instability during RL training for our method, such as sudden drops in accuracy or
thinking token cost collapsing to zero. In addition, SketchThinker-R1 maintains a clear margin over
Vanilla-R1 in terms of both accuracy and thinking cost as the number of training steps increases.

G INTERPRETABILITY OF SKETCHTHINKER-R1 REASONING TRACE

Human study. We conduct a human study to evaluate the interpretability of the SketchThinker-
R1 reasoning traces (see Tab. [TT). Specifically, we randomly find 5 human evaluators to perform
the assessment. We sample 5 questions from each of MMMU, MathVision, VisuLogic, and PhyX
that are correctly answered by both SketchThinker-R1 and Vanilla-R1, resulting in 20 samples in
total. We present the original question, image, and the reasoning traces from both models to the
evaluators. The evaluators are asked to assign a score of 0, 1, 2, 3, 4, or 5 to the reasoning
traces of SketchThinker-R1 and Vanilla-R1, where a higher score indicates better interpretability.
SketchThinker-R1-7B achieves a higher interpretability score than Vanilla-R1. Sketch-style rea-
soning is concise, and clearly presents the key logical steps for problem solving, making it much
easier to follow than long, verbose reasoning traces. As a result, SketchThinker-R1 attains better
interpretability scores than Vanilla-R1.

Method \ Avg. Interpretability Score
Vanilla-R1-7B | 3.95
SketchThinker-R1-7B | 4.25

Table 11: Results of human evaluation on the interpretability of SketchThinker-R1 reasoning
traces.

Large-scale LVLM-based Evaluation. Since the human study is based on a small sample size, we
further conduct a large-scale LVLM-based evaluation of the interpretability of the reasoning traces
produced by our model (see Tab.[12). Specifically, we utilize Qwen3-VL-Plus as the evaluator. We
collect all samples from the four evaluation benchmarks (MMMU, MathVision, VisuLogic, PhyX)
where both SketchThinker-R1-7B and Vanilla-R1-7B generate the correct answer. We then prompt
Qwen3-VL-Plus to assign a score in range [0, 5.0] to the reasoning traces of both SketchThinker-R1-
7B and Vanilla-R1-7B, where a higher score indicates better interpretability. The LVLM evaluation
results are consistent with the human study, showing that our method achieves higher interpretability
scores than Vanilla-R1. This further demonstrates the high interpretability of the reasoning traces
produced by our trained model.

Method \ Avg. Interpretability Score
Vanilla-R1-7B | 4.12
SketchThinker-R1-7B | 4.33

Table 12: Results of LVLM-based evaluation on the interpretability of SketchThinker-R1 rea-
soning traces

H DATA QUALITY OF SKETCHCOLDSTART-20K

To illustrate the quality of our generated sketch-style reasoning data, we analysis from three aspects:
(1) human study, (2) LVLM-based evaluation, and (3) case study.
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Human study. We conduct a human study to evaluate the quality of our generated sketch-style
reasoning data (see Tab.[I3). Specifically, we randomly find 5 human evaluators to assess our gen-
erated sketch-style reasoning data, focusing on whether the key reasoning steps in the original long
reasoning are preserved. Specifically, we randomly select 20 samples from SketchColdStart-20K
for evaluation. For each sample, we present the evaluator with the original image, question, long
reasoning, and the generated sketch-style reasoning. The evaluators are asked to judge whether all
necessary steps are included in the sketch-style reasoning and assign a score of 0 and 1, where 1
indicates that all necessary steps are preserved and 0 means some key steps are missing. We ob-
serve that Evaluator #1 and Evaluator #3 assign a score of 1 to all randomly sampled cases from
SketchColdStart-20K. For the other evaluators, most samples are also given a score of 1. This con-
firms the high quality of our generated cold-start data from a human perspective, which we attribute
to the strong capability of GPT-5 for text-related operations.

Score \ Evaluator#1 Evaluator#2 Evaluator#3 Evaluator#4 Evaluator#5
0 \ 0 1 0 2 1
1 \ 20 19 20 18 19

Table 13: Results of human study on quality of our generated sketch-style reasoning data.

LVLM-based evaluation. To further assess the quality of our generated cold-start data, we also
conduct a large-scale LVLM-based evaluation on all samples in SketchColdStart-20K (see Tab. [T4).
Specifically, we utilize Qwen3-VL-Plus as the evaluator and provide it with the original question,
image, original long reasoning, and the generated sketch-style reasoning. We prompt it to judge
whether the generated reasoning process contains all key steps from the original long reasoning,
and to assign a score of 0 or 1, where 1 indicates that all key steps are included in the sketch-style
reasoning and O indicates otherwise. We observe that, for most samples in SketchColdStart-20K,
Qwen3-VL-Plus judges the sketch-style reasoning to preserve all key steps from the original long
reasoning. This illustrates the high quality of our generated cold-start data in a more systematic way.

Score | Score Count
0o | sI8
L 10182

Table 14: Results of LVLM-based evaluation on quality of our generated sketch-style reasoning
data.

Case study. We also present several cases from SketchColdStart-20K for straightforward illustration
(see Fig.[9]and Fig.[I0). Our generated sketch-style reasoning data preserves all the key steps from
the original long reasoning process.

I MORE DISCUSSIONS

Can we embrace such condensed, sketch-style reasoning data from the pretraining phase to
significantly reduce training costs? Yes, we can. The significantly shorter length of sketch-style
reasoning data can help reduce training costs in the pretraining stage. Shorter reasoning chains di-
rectly lower the number of tokens per training sample, which reduces compute usage for both the
forward and backward passes. At the same time, sketch-style reasoning data avoid redundancy in the
reasoning process and therefore have higher information density. As a result, the model is exposed
to more distinct reasoning patterns per unit of compute, which is highly desirable at scale. Moreover,
because sketch-style reasoning focuses on the key logical steps needed to solve a problem, it also
substantially contributes to obtaining correct answers and improving model performance. In addi-
tion, recent models such as GPT-OSS adopt a low-thinking mode that produces concise reasoning;
we think that such models could already benefit from sketch-style data during pretraining.
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Method | Training Time
Vanilla-R1-7B ‘ 2.70h
SketchThinker-R1-7B ‘ 2.21h (x0.81)

Table 15: Comparison of training times between SketchThinker-R1 and Vanilla-R1.

J TiIME COST ANALYSIS

Inference time. We present the inference time cost of SketchThinker-R1 and Vanilla-R1 across
different benchmarks (see Fig.[TT). We observe that SketchThinker-R1 exhibits much faster response
time. This is attributed to its significantly reduced thinking token cost.

Training time. We also present the training time comparison between SketchThinker-R1 and
Vanilla-R1 (see Tab.[I3)). The training time of SketchThinker-R1 is also shorter than that of Vanilla-
R1, with reduction of around 20%. This improvement stems from the much faster rollout process of
SketchThinker-R1 during reinforcement training. All training-time measurements are conducted on
8 H800 (80G) GPUs.

K USE OofF LLMS

We employ LLM during the paper writing stage, and its primary role is to assist in revising the
manuscript. In particular, the LLM is used to polish the English text and improve the coherence and
clarity of the narrative. No part of paper is generated from LLM, ensuring that the core scientific
contributions remain entirely the authors.
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\

Prompt for Converting Long Reasoning to Sketch-Style Reasoning

You are a reasoning compression assistant. Your task is to transform long, detailed reasoning into
ultra-short, sketch-style reasoning as a numbered list.

Instructions:

1. Read the long reasoning carefully.

. Keep only the key facts and logic.

. Remove all extra words, details, and examples.

. Keep reasoning order intact.

. Each step must be extremely short.

. Output numbered steps (1., 2., 3., ...).

~N N RN

. Steps should still form a clear logical chain to the conclusion.

Example:

Input reasoning:

The highlighted country is within the Pacific Islands region. Based on its position relative to
neighboring larger landmasses like Australia and nearby countries such as Papua New Guinea and New
Zealand, the highlighted country aligns with the location of Vanuatu. According to the context, Vanuatu
has a territorial dispute over Matthew and Hunter Islands, claimed by both Vanuatu and France.
Therefore, the presence of a dashed box labeled ”Disputed island” suggests the inclusion of this dispute
in the overview of the country’s territories.

Output:

1. In Pacific Islands.

2. Near Australia, Papua New Guinea, New Zealand

3. Likely Vanuatu.

4. Dispute with France.

5. Dashed box marks dispute.

Task:

Convert the following reasoning into sketch-style reasoning: {reasoning}

J

Table 16: The prompt for converting long reasoning process into sketch-style during the construction
of SketchColdStart-20K.
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( Question: In the figure, AB is the diameter of semicircle O, C is a point on circle O, OD\
C | BC at D. If AC:BC = 4:3 and AB = 10 cm, then the length of OD is () A. 2 cm B. 4
cm C. 6 cm D. 8 cm
D : o
<think>1. AB is diameter. 2. Angle ACB = 90°. 3. AC:BC = 4:3. 4. AC = 4x, BC = 3x. 5.
AB = 5x by Pythagoras. 6. AB = 10 cm. 7. 5x = 10, x = 2. 8. AC = 8 cm. 9. BC = 6 cm.
10. OD | BC. 11. O is midpoint of AB. 12. OD = 1/2 AC. 13. OD = 4
A 0 B h
cm.</think><answer>B</answer>
Question: As shown in the figure, in the parallelogram ABCD, AE evenly divides /BAD
and intersects at E. AD = 3, AB = 5, then this lengthis () A. 1B.2C.3D. 5
D _E € gth is 0

<think>1. Opposite sides equal, parallel. 2. CD = AB = 5. 3. BA / CD. 4. AE bisects
A B /BAD. 5. /DAE = /EAB. 6. /EAB = /DEA. 7. /DAE = /DEA. 8. Triangle ADE
isosceles. 9. DE = AD = 3. 10. EC = CD - DE. 11. EC = 2.</think><answer>B</answer>

Question: Which property matches this object? Context: Select the better answer.
Options: (A) breakable (B) soft

Tt <think>1. Plate is ceramic. 2. Ceramic is hard, brittle. 3. Image shows breakability. 4.
Not soft, pliable. 5. Breakable when dropped. 6. Answer: (A)
breakable.</think><answer>Final Answer:A</answer>

ceramic plate

Question: Which kind of food is to the left of the keyboard?

<think>1. Office desk image. 2. Dual monitors. 3. Printer far left. 4. Crackers left of
keyboard. 5. Keyboard center. 6. Mouse right. 7. Telephone far right. 8. Crackers
rectangular, open. 9. No other food shown. 10. Answer: Crackers.</ think><answer>Final
Answer:Crackers</answer>

J

Figure 4: Examples of our SketchColdStart-20K data. Our sketch-style reasoning process focuses
on key cues for solving questions. The thinking process effectively contributes to obtaining correct
answers. At the same time, the thinking process is very concise, which significantly reduces the
thinking cost.
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67 : 9 Y : Question: What does the ? represent in the nuclear reaction A: an
L13 +7=> L13 alpha particle B: an electron C: a neutron D: a proton

Vanilla-R1: <think> To determine what the ? represents in the nuclear reaction, we need to consider the conservation of
mass and charge. The reaction is: [ {}"6text{Li}_3 + ? rightarrow {}"7text{Li}_3 ] The mass numbers on the left side are
6 and on the right side are 7, so the mass number of the unknown particle must be 1 (since 6 + 1 = 7). The charge
numbers are 3 on both sides, so the charge of the unknown particle must be 0. The options provided are: A: an alpha
particle (mass 4, charge 2) B: an electron (mass O, charge -1) C: a neutron (mass 1, charge 0) D: a proton (mass 1, charge
+1) The only particle that fits the mass and charge criteria is a neutron. Therefore, the ? represents a neutron.
</think> <answer>C</answer>

# Thinking Token: 197

SketchThinker-R1: <think>1. Mass number changes from 6 to 7 2. No charge changes 3. Add one nucleon 4. Neutron
adds one mass 5. No other particle adds one mass 6. Therefore, neutron</think><answer>C</answer>

# Thinking Token: 54

N T Question: In the diagram below, overline{P S} is a tangent to circle O
i at point S, overline{P Q R} is a secant, P S=x, P Q=3, and P R=x+18.
What is the length of overlinefP S} ? A: 6 B: 9 C: 3 D: 27

Vanilla-R1: <think> To solve this problem, we use the Power of a Point theorem, which states that for a point ( P )
outside a circle, the power of the point is the same for any secant or tangent drawn from ( P ) to the circle. The theorem
can be expressed as: [ PS"2 = PQ cdot PR ] Given: - (PS=x)-(PQ=3)-(PR=x+ 18) Substitute these values
into the Power of a Point formula: [ x"2 = 3 cdot (x + 18) ] Simplify the equation: [ x"2 = 3x + 54 ] Rearrange the
equation to form a standard quadratic equation: [ x"2 - 3x - 54 = 0 ] Factorize the quadratic equation: [ (x - 9)(x + 6)
= 0] This gives us two possible solutions: [ x - 9 = 0 quad text{or} quad x + 6 =0] [ x = 9 quad textfor} quad x = -6 ]
Since ( x ) represents a length, it must be positive. Therefore, ( x =9 ). Thus, the length of ( overlinefPS} ) is 9. </think>
<answer>B</answer>

# Thinking Token: 285

SketchThinker-R1: <think>1. PS tangent at S, PQ+QR secant 2. Power of point: PS2 = PQ-PR 3. Substitute given values:
x2 = 3+(x+18) 4. Expand and simplify equation 5. Solve quadratic equation 6. Discard extraneous value 7. Length of PS
= 9</think><answer>B</answer>

# Thinking Token: 82

Figure 5: Qualitative case of SketchThinker-R1.
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Question: If the initial speed of the stream is ( v_i ), at what height ( h ) does the water
strike the building? A: (d tan theta_i - fracfgd"2H2v_i"2 cot"2 theta_i} ) B: (d tan
theta_i - fracfgd"2H2v_i"2 tan"2 theta_i} ) C: (d tan theta_i - frac{gd"2H{2v_i"2 cos"2
theta_i} ) D: (d tan theta_i - fracfgd"2}{2v_i"2 sin"2 theta_i} )

\G;

Vanilla-R1: <think> To determine the height ( h ) at which the water strikes the building, we need to analyze the
projectile motion of the water stream. The horizontal distance ( d ) and the angle ( theta_i ) are given, and we need to
find the vertical height ( h ) at which the water hits the building. The horizontal distance (d ) can be expressed as: [ d =
v_i cos theta_i cdot t ] where ( t ) is the time of flight. The vertical height ( h ) can be expressed as: [ h = v_i sin
theta_i cdot t - frac{1}{2} g "2 1 We can solve for ( t) from the horizontal distance equation: [ t+ = frac{dHv_i cos
theta_i} ] Substitute ( t) into the vertical height equation: [ h = v_i sin theta_i cdot frac{dHv_i cos theta_i} - frac{1}{2}
g left( frac{d{v_i cos theta_i} right)"2 ] [ h = d tan theta_i - frac{1}{2} g frac{d"2Hv_i"2 cos"2 theta_i} 1 [ h = d tan
theta_i - fracfgd"2H2v_i"2 cos"2 theta_i} ] Therefore, the correct answer is C. </think> <answer>C</answer>

# Thinking Token: 282

SketchThinker-R1: <think>1. Horizontal distance = initial horizontal velocity x transfer time 2. Vertical displacement =
initial vertical velocity x transfer time — gravityx(transfer time)2/2 3. Horizontal velocity = v_i - cos(6_i) 4. Transfer
time = d/v_i-cos(6_i) 5. Vertical displacement = v_i-sin(6_i)-d/v_i—g(d/v_i-cos(6_i))2/2 6. vertical displacement =
d-tan(6_i)-g-d2/2(v_i-cos(8_i))2</ think><answer>C</answer>

# Thinking Token: 130

Question: What is the magnitude of the radial acceleration of a particle in the
«my corresponding uniform circular motion? A: 1.3 times 10”3 m/s"2 B: 1.5 times
10”3 m/s"2 C: 1.7 times 10”3 m/s"2 D: 1.9 times 10”3 m/s"2

Vanilla-R1: <think> To determine the magnitude of the radial acceleration of a particle in uniform circular motion, we
need to use the formula for radial acceleration, which is given by: [ a_r = frac{v"2Hr} ] where (v ) is the velocity of the
particle and ( r ) is the radius of the circular path. From the graph, we can see that the amplitude of the motion is 8 cm,
which means the radius ( r ) of the circular path is 8 cm or 0.08 m. The velocity ( v ) can be found from the slope of the
tangent at any point on the graph, but we can also use the fact that the velocity is the derivative of the position with
respect to time. The maximum velocity ( v_{text{max}} ) can be found by considering the maximum slope of the graph,
which corresponds to the maximum velocity. The maximum velocity ( v_{textfmax}} ) can be calculated as: [ v_{text{max}}
= frac{text{amplitude}}{text{time period} / 2} 1 From the graph, the time period ( T ) is approximately 20 ms (or 0.02 s).
Therefore, the maximum velocity is: [ v_{text{max}} = frac{8 text{ cm}}{0.02 text{ s} = frac{0.08 text{ m}}{0.02 texH{ s}}
= 4 text{ m/s} ] Now, we can calculate the radial acceleration: [ a_r = fracfv_{text{max}}"2}{r} = frac{(4

text{ m/s})"2}{0.08 text{ m}} = frac{16 text{ m}"2/text{s}"2}{0.08 text{ m}} = 200 text{ m/s}"2 1 This value is closest to
( 1.7 times 10”3 text{ m/s}"2 ). Therefore, the correct answer is C. </think> <answer>C</answer>

# Thinking Token: 433

SketchThinker-R1: <think>1. Identify A = radius, 8 cm = 0.08 m 2. Determine period from graph 3. Compute angular
speed = 2n/n 4. Radial acceleration = A - (2/n)2 5. Use given numeric value 6. Match value with
option</think><answer>C</answer>

# Thinking Token: 71

Figure 6: Qualitative case of SketchThinker-R1.
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Question: Divide the following six figures into two categories, so that each category of
figures shares a common feature or pattern. The correct classification is: A: D2,

3606 B O3, @06 C: D66, @3® D: D6, @O

@ ®

Vanilla-R1: <think> To solve this problem, we need to identify a common feature or pattern among the figures that can
be used to divide them into two categories. Let's analyze each figure: 1. Figure (D: It has a pattern of triangles and a
square. 2. Figure (@: It has a pattern of triangles and a triangle. 3. Figure (3: It has a pattern of a square and a square.
4. Figure @: It has a pattern of a circle and a square. 5. Figure ®: It has a pattern of a square and a square. 6. Figure
®: It has a pattern of a square and a square. From the analysis, we can see that figures (D, @), and ® all have a
pattern involving a square, while figures 2, @, and @ do not have a square in their pattern. Therefore, the correct
classification is: DQ®), @@® </think> <answer>D</answer>

# Thinking Token: 225

SketchThinker-R1: <think>1. Analyze shape presence/arrangement 2. (D-® have lines, shapes 3. D@ ®: shapetline
configuration 4. @@@®): only lines present 5. So categories: shapestlines, lines-only</ think><answer>D</answer>

# Thinking Token: 69

5]
@ ® @ @ . Question: From the four given options, choose the most suitable one to fill

in the place of the question mark, so that it presents a certain regularity:
@ @ % % A:AB:BC:CD:D

A B c [}

Vanilla-R1: <think> To determine the correct answer, let's analyze the pattern in the sequence of shapes: 1. The first
shape is a circle divided into two equal parts. 2. The second shape is a circle divided into four equal parts with an X in the
center. 3. The third shape is a circle divided into six equal parts. 4. The fourth shape is a circle divided into eight equal
parts. The pattern seems to be increasing the number of equal parts in the circle. Following this pattern, the next shape
should be a circle divided into ten equal parts. Now, let's examine the options: - A: A circle divided into five equal parts.
- B: A circle divided into four equal parts. - C: A circle divided into six equal parts. - D: A circle divided into ten equal
parts. The correct option that fits the pattern is D, as it represents a circle divided into ten equal parts. </think>
<answer>D</answer>

# Thinking Token: 193

SketchThinker-R1: <think>1. Pattern: add one line per shape 2. First shape: one line 3. Add lines successively 4. Second
shape: two lines 5. Third shape: three lines 6. Fourth shape: four lines 7. Next shape: five lines 8. Select shape with
five lines</think><answer>D</answer>

# Thinking Token: 73

Figure 7: Qualitative case of SketchThinker-R1.
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J Question: As shown in the figure, then the bottom area of the cone is ()
Choices: A:3mem”{2} B:9mem™{2} C:16mem™{2} D:25mem”{2}

Vanilla-R1: <think> To find the bottom area of the cone, we need to use the formula for the area of a circle, which is ( pi
r"2 ), where () is the radius of the base of the cone. From the figure, we can see that the slant height of the cone is
5 c¢cm and the height is 4 cm. We can use the Pythagorean theorem to find the radius ( r ) of the base of the cone. The
Pythagorean theorem states: [ r"2 + h™2 = 1"2 ] where ( r ) is the radius, ( h ) is the height, and (| ) is the slant height.
Substituting the given values: [ r"2 + 4”2 =5%2][r"2+16=25][r"2=25-16][r"2=9][r=sqrt{o}1[r=3]
Now, we can find the area of the base of the cone: [ text{Area} = pi r"2 = pi times 32 = 9pi ] Therefore, the bottom
area of the cone is ( 9pi ) cmz. </think> <answer>B</answer>

# Thinking Token: 267

SketchThinker-R1: <think>1. L = /(42 + 32) =5 2.r =3 cm 3. Area = Tir2 = 1132 = 91 cm2</ think><answer>B</answer>

# Thinking Token: 48

Question: As shown in the figure, rotate triangle ABC around the line
where AC is located to obtain a rotating body, then the lateral area of

B c the rotating body is () Choices: A:12w B:151 C:30m D:60m
3

Vanilla-R1: <think> To find the lateral area of the rotating body, we need to recognize that rotating triangle ABC around
the line where AC is located will form a cone. The lateral area of a cone is given by the formula ( pi r | ), where (r) is
the radius of the base and ( | ) is the slant height. From the figure, we can see that the radius ( r ) of the base of the
cone is the length of BC, which is 3. The slant height (| ) of the cone is the length of AB, which is 5 (since ( AB =
sqri{AC"2 + BC"2} = sqrt{4"2 + 372} = 5 )). So, the lateral area ( A ) of the cone is: [ A = pi r | = pi times 3 times 5 =
15pi ] Therefore, the lateral area of the rotating body is ( 15pi ). </think> <answer>B</answer>

# Thinking Token: 201

SketchThinker-R1: <think>1. AC is hypotenuse, so [=5 2. Lateral area = m-l-c 3. Substituting: W-5-3 = 157 4. So lateral
area is 15m</think><answer>B</answer>

# Thinking Token: 57

Figure 8: Qualitative case of SketchThinker-R1.
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o) Question: As shown in the figure, AB is parallel to CD, and AC intersects BD at point O.
If AO = 3, BO = 6, CO = 2, then the length of BD is () A. 4 B. 10 C. 11 D. 12

e

B

Original Long Reasoning: <think>Given that AB is parallel to CD and AC intersects BD at O, the intercept theorem applies.
According to this theorem, since AB is parallel to CD, the ratios of the segments created by their intersection with the
transversal lines are equal, i.e., \frac{AOHOC} = \frac{BOHOD}. Given: AO = 3, BO = 6, CO = 2 We need to find DO. By
setting up the proportion based on the theorem: \frac{AOHOC} = \frac{BOHOD} \Rightarrow \frac{3}{2} = \frac{6}{DO}
Cross-multiplying to solve for DO: 3 \times DO = 2 \times 6, 3 \times DO = 12, DO = 4 Thus, the length of segment BD is:
BD = BO + DO = 6 + 4 = 10.</think><answer>B</answer>

Generated Sketch-style Reasoning: <think>1. AB parallel to CD. 2. AC intersects BD at O. 3. Intercept theorem applies.
4. Ratios equal: \frac{AOHOC} = \frac{BOHOD}. 5. Given: AO = 3, BO = 6, CO = 2. 6. Set up proportion: \frac{3}{2} =
\frac{6}{DO}. 7. Cross-multiply: 3 \times DO = 12. 8. Solve: DO = 4. 9. BD = BO + DO = 10.</think><answer>B</answer>

- J
( 2\
4
ﬂ» C Question: In the figure, point O is on side BC of triangle ABC, O is the center, circle O
has a radius, point A is tangent to AC, D is a point on the arc AB, /ADB = 60°, and /C
2 « is () A. 65° B. 50° C. 40° D. 30°

Original Long Reasoning: <think>Since / ADB is an inscribed angle that intercepts arc AB, we can use the property that
the angle at the center is twice the inscribed angle. Therefore, /AOB = 2 /ADB = 120°. This makes the central angle

/ AOC = 180° - /AOB = 60°, as the angle around a point is 360°, shared equally on both sides by AOB and AOC. Since
AC is tangent to the circle at A, angle / OAC is 90° due to the tangent-segment theorem, which states that the tangent
at any point of a circle forms a right angle with the radius to the point of tangency. Thus, to find /C, we use the
triangle formula around the point A in triangle AOC, which sums to 180°. This gives us: /OAC + /AOC + /C = 180°
90° + 60° + /C =180° Thus, /C =180° - 150° = 30°.</think><answer>D. 30°</answer>

Generated Sketch-style Reasoning: <think>1. /ADB intercepts arc AB. 2. /AOB = 2 /ADB = 120°. 3. /AOC = 180° -
120° = 60°. 4. AC tangent at A. 5. /OAC =90°. 6. /OAC + /AOC + /C =180°.7.90° + 60° + /C=180°.8. /C=
30°.</think><answer>D. 30°</answer>

- J

Figure 9: Illustration of our generated sketch-style reasoning data and the corresponding orig-
inal long reasoning data.
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Question: Think about the magnetic force between the magnets in each
pair. Which of the following statements is true? Context: The images below
LR L show two pairs of magnets. The magnets in different pairs do not affect
- || - - each other. All the magnets shown are made of the same material. Options:
(A) The magnetic force is weaker in Pair 1. (B) The magnetic force is
weaker in Pair 2. (C) The strength of the magnetic force is the same in
both pairs.

Original Long Reasoning: <think>Magnetic force between magnets depends on the distance between them. The closer the
magnets are, the stronger the magnetic force, and the farther apart they are, the weaker the force. In Pair 1, the
magnets are 2 inches apart, and in Pair 2, they are 4 inches apart. Since Pair 2 has a larger distance between the
magnets, the magnetic force in Pair 2 will be weaker compared to Pair 1.</thinks<answer>(B) The magnetic force is
weaker in Pair 2.</answer>

Generated Sketch-style Reasoning: <think>1. Magnetic force depends on distance. 2. Closer magnets, stronger force. 3.
Farther magnets, weaker force. 4. Pair 1: 2 inches apart. 5. Pair 2: 4 inches apart. 6. Pair 2 weaker than Pair
1.</think><answer>(B) The magnetic force is weaker in Pair 2.</answer>

Question: Which property do these three objects have in common? Context:

== Select the best answer. Options: (A) hard (B) soft (C) yellow

track suit apron handkerchief

Original Long Reasoning: <think>To determine what property these objects share, I will evaluate each option: - Option
(A) hard: A hard object doesn't change shape when pressed. Track suits, aprons, and handkerchiefs are typically made of
fabrics that are flexible, not hard. - Option (B) soft: Soft objects change shape when pressed. All three items, being
made of fabric, are soft and flexible. - Option (C) yellow: Yellow is a color, and none of these objects are indicated to be
yellow. Based on the properties, the shared characteristic among the track suit, apron, and handkerchief is that they are
all soft.</think><answer>B</answer>

Generated Sketch-style Reasoning: <think>1. Evaluate each option. 2. Hard: Unchanging shape. 3. Track suits, aprons,
handkerchiefs flexible. 4. Soft: Changes shape. 5. All items soft, flexible. 6. Yellow: No indication. 7. Shared:
Soft.</ think><answer>B</answer>

- J

Figure 10: Illustration of our generated sketch-style reasoning data and the corresponding
original long reasoning data.
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Figure 11: Inference time of SketchThinker-R1 and Vanilla-R1 across different benchmarks.
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